
Algorithms HW1 due Jan 24, 2025

Homework 1 
Problem 1: 
Convert the following NFA with -moves into a DFA. Show each step.


Problem 2: 
In this homework, we start an experimental evaluation of different algorithms to calculate 
Fibonacci numbers. 


The following Python code calculates recursively the Fibonacci numbers, defined by 


  .


def rec_fib(n): 

ε
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    if n < 2: 
        return n 
    else: 
        return rec_fib(n-1)+rec_fib(n-2) 

If you want to, you can use an equivalent implementation in C or C++. However, Java code 
cannot be measured consistently and you cannot use Java.  In order to measure the execution 
time of the code, we want to run this code many different times. We need to be careful with 
compiler optimizations, something that Python as an interpreted language does not offer. Thus, 
we are using something like 

def measure(n): 
    start = time.time() 
    for _ in range(50): 
        x = rec_fib(n) 
    end = time.time() 
    return (end-start)/50 

which will measure 50 executions of the same code. An optimizing compiler might realize that 
the value stored in x is never used and optimize the call to rec_fib away and then the whole loop 
ending in an execution time of zero.  If you use a compiler, make sure you understand the 
optimization settings. 

Experimental results are useless without some idea of the error introduced. For a given 
argument n, we measure the average of 50 runs and put them into a spreadsheet or a Pandas 
data frame.  Below is an example of what I get and port into excel:

23 
0.0025510406494140625 
0.002550983428955078 
0.00255617618560791 
0.0025524663925170898 
0.0025574398040771485 
0.002536916732788086 
0.0026222181320190428 
0.0026248550415039064 
0.002574763298034668 
0.002572040557861328 
0.0025815773010253906 
0.002563304901123047 
0.0025709199905395506 
0.00254946231842041 
0.002556638717651367 
0.002593941688537598 
0.0025693941116333007 
0.0025425004959106446 
0.002540340423583984 
0.0026110219955444336 
0.0025815582275390625 
0.0025993871688842775 
0.0025879573822021485 
0.002580599784851074 
0.0025658607482910156 
0.0025927400588989257 
0.00259211540222168 
0.002581639289855957 
0.002591056823730469 
0.0025795364379882814 

24 
0.004206604957580566 
0.004184460639953614 
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0.0041763830184936524 
0.004210944175720215 
0.004217300415039062 
0.004212517738342286 
0.004212517738342286 
0.004210700988769531 
0.004186019897460937 
0.004203424453735351 
0.004221382141113281 
0.004214420318603516 
0.004225020408630371 
0.00421168327331543 
0.004192543029785156 
0.004342942237854004 
0.004190340042114258 
0.004186463356018066 
0.004213275909423828 
0.004197201728820801 
0.004153075218200683 
0.00421177864074707 
0.004198522567749024 
0.004190082550048828 
0.004206519126892089 
0.00421353816986084 
0.004221482276916504 
0.004192314147949219 
0.004154400825500488 
0.004228100776672363 
0.004183363914489746 

25 
0.006885981559753418 
0.0068175411224365235 
0.006735286712646484 
0.006795358657836914 
0.0068547439575195315 
0.006835684776306152 
0.006816802024841309 
0.006842923164367676 
0.00682985782623291 

As you can see, the arguments range from 20 to 24 and for each argument, I have collected 20 
averages. Because the individual numbers are averages, we can assume with very little loss of 
precision that they are normally distributed.  Using the Excel functions for each row, I create the 
average, the confidence value and finally the confidence interval at the  level, that is, 
my confidence of 99% that the true value of the execution times is between average minus 
confidence value and average plus confidence value.  You will have to do the same, gathering 
and processing values for n = 1 to n = 40.  You can see from the little sample that the execution 
times increase fast. On your setup, you might not quite make it to n=40.  If the times start 
exceeding 10 seconds, you might stop.  

Collect the results into a table, giving the argument, the average time and the confidence value. 

You then are to add a graph that shows the same values with the confidence intervals.  Excel, 
OpenOffice, LibreOffice, Pandas, Matplotpy, Mathematica, and Mathworks will all allow you to 
create such a table.  You can export the table as a pdf file and use for instance pdf latex to 
generate the report.

If you look at the table values closely, you see that they will grow like the Fibonacci numbers 
themselves. This is because the run times are dominated by the number of recursive calls. 

If the argument  is 0 or 1, there is no recursive call. If the argument is 2, then there are 
recursive calls with arguments 0 and 1 and no further calls. If the argument is 3, then there will 
be recursive calls with arguments 2 and 1, the former creating 2 more recursive calls. Thus, we 
have

α = 0.01

n
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Develop a recurrence relation for the number of recursive calls .  Then prove by induction that 
  for .  

Argument

0

1

2

3

r0 = 0

r1 = 0

Recursive Calls  rn

r2 = 2

r3 = r2 + r1 + 2 = 4

rn
rn = − 2 + fn−1 + fn + fn+1 n > 1
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